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1. Introduction

The equation of state (EOS) expresses the relation
between the thermodynamic parameters of a material
under thermodynamic equilibrium state for the pro-
cesses which can be continuously realized, such as iso-
thermal and isentropic processes. However, the
Hugoniot equation of state represents the locus of all
states which can be reached by shocking a material
from a given initial state. It is a series of points for
which the heat exchange between a system and its sur-
roundings in going from initial to the ®nal state is
zero. The Hugoniot EOS is valuable for a wide range
of applications, in particular for the consideration of
the protection of rock structures from damage induced
by an underground explosion, accurate predictions of
the e�ects of the shocks are generally based on a
knowledge of the EOS.

Rice et al. [1] discussed strong shock waves in solids
and described various experimental techniques by
which the dynamic equation of state is measured. With
the signi®cant development of measuring techniques
and the improvement of measuring accuracy in high
velocity impact tests, a great number of test data and
the EOS of shock waves have been determined for
many materials [2±16].

Kalashnikov et al. [4] made numerous Hugoniot
measurements on calcite of various porosities, dolo-
mite and magnesite over the range of 10±120 GPa.
Studies on Oakhall limestone, Solenhofen limestone,
calcite and other rocks have been conducted at various
porosities and saturation conditions [5±11]. Furnish

[12] measured the Hugoniot states and release curves
for water-saturated and dry Indiana limestone shocked
to pressures in the range of 1±10 GPa. Recently, wave
pro®le measurements have been employed by the San-
dia National Laboratories [13±15] and the Lawrence
Livermore National Laboratory [16].

Usually, gas guns are employed to perform the
hypervelocity impact test. Two impact techniques have
been developed to measure the dynamic properties of
geological materials. One is the reverse target design,
which has the sample in the projectile and gives Hugo-
niot and continuous release information. The other is
the forward target design, which has the sample in the
target. A window material backs the sample. This for-
mation is useful for measuring loading and Hugoniot
information. Furnish [15] has described the character-
istics of the two impact techniques in detail.

In this note, the Bukit Timah granite of Singapore is
tested under high velocity impact loading. The forward
target design has been employed. The note describes
the experiment arrangement and test results.

2. Rock material

2.1. Characteristics of rock material

The Bukit Timah granite is of grey colour with
patches and spots. Its grain sizes range from 0.2 to
6 mm. The minerals in the sample do not show any
orientation. No sign of weathering was detected.
Healed fractures or calcite veins are visible. Fig. 1 is a
micro-photograph of the granite, and its mineral com-
ponents are given in Table 1.

Thin section petrographic analyses were conducted.
The overall texture of the granite can be characterised
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by interlocking of a medium-grained groundmass
(from 1 � 2 mm to 2 � 3 mm), coarse-grained pheno-
crysts of quartz (from 1 to 3 mm), and plagioclase
feldspars and biotite (from 0.1� 0.4 mm to 2� 4 mm).
This texture is typical for an intrusive igneous rock.
The rock is weakly porphyritic, consisting of pheno-
crysts up to 3 mm in size enclosed in a medium-
grained groundmass.

Observations of the rock sample show micro-fractur-
ing, which seemed to occur during three stages. The
earliest micro-fractures are those cutting the pheno-
crysts of quartz and feldspars, and these are healed
and ®lled mainly by quartz and some feldspars. There
is more than one cross-cutting set of such early frac-
tures. These early micro-fractures were observed in the
thin sections cut parallel and transverse to the coring
direction. The second stage of micro-fracturing is rep-
resented by a well de®ned set of micro-shears, which
cut and have displaced phenocrysts of alkali feldspars.

The micro-fracturing of the latest stage is randomly
distributed in the phenocrysts. They are unhealed and
exist more prominently in the thin sections cut along
the coring direction.

The mechanical and physical properties of the Bukit
Timah granite are shown in Table 2 [17].

2.2. Preparation of specimens

The cylindrical granite cores of 52 mm diameter
were obtained through deep drilling. The cores were
cut to disks slightly thicker than 2, 4, 6 and 8 mm
thickness by a diamond saw. The granite disks were
ground and polished to 2, 4, 6 and 8 mm thickness
with an error20.15 mm. The two surfaces of the gran-
ite disks were smooth and the tolerance of the paralle-
lism between the two surfaces is within20.05 degrees.

3. Experimental technique

3.1. Rankine±Hugoniot relations

The determination of the state of material behind a

Fig. 1. Microphotograph of the Bukit Timah granite.

Table 1

The mineral components of the Bukit Timah granite

Minerals Percentages

Quartz 25.4

Alkali Feldspar (sericitised) 20.6

Plagioclase (weakly sericitised) 41.7

Biotite 6.2

Chloritised Biotite 5.0

Sericite 0.5

Opaque 0.3

Epidote 0.3

Zircon, Apatite, and others (not counted) Trace

Table 2

Mechanical and physical properties of the Bukit Timah granite

Density 2670 kg/m3

Sound velocity 5820 m/s

Young's modulus 75.2 GPa

Poisson's ratio 0.16

Uniaxial compressive strength 147.5 MPa

Tensile strength 16.1 MPa
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shock front is required to understand the so-called
Rankine±Hugoniot relations [18]. Based on the
assumption of a one-dimensional, steady-state shock
wave, that is, a shock wave whose properties do not
vary with time, the Rankine±Hugoniot relations can
be written in terms of the variables p, u, rÿ1, Us, up,
and E.

u � u0�1ÿ up=Us� �1�

p � p0 � r0Usup �2�

E � E0 � 1=2� p� p0��u0 ÿ u� �3�

where p is the pressure, r is the density, u is the
speci®c volume, E is the speci®c internal energy, Us is
the shock wave velocity and up is the particle velocity.
Subscript 0 refers to the initial state.

There are ®ve variables in the three equations. Only
two variables are independent. Therefore, in carrying
out shock-wave experiments, it is customary to
measure two of the ®ve variables; and from these
measurements, the other variables can be calculated.

Extensive single Hugoniot measurements on a large
number of substances indicate that for almost all of
them, shock velocity (Us) and particle velocity (up) are
linearly related. The relation can be expressed as:

Us � C0 � Sup �4�

where C0 and S are the material constants.
When p0, usually equal to one atmosphere, is con-

sidered negligibly small compared to p, substituting
Eq. (4) into Eqs. (1) and (2), the Hugoniot state
equation can be written in following form

p � r0C
2
0m=�1ÿ Sm�2 �5�

where

m � 1ÿ u=u0 � 1ÿ r0=r �6�

Although numerous investigators have expressed their
experimental results in the form of Eq. (5), the data
can also be expressed, and often are in the purely
empirical and analytic form [18]

Fig. 2. Schematic of light gas gun, assembly of target and instrumentation system.

J.L. Shang et al. / International Journal of Rock Mechanics and Mining Sciences 37 (2000) 705±713 707



p � Am� Bm2 � Cm3 �7�
where A, B, and C are material dependent constants.

3.2. Impact apparatus

The impact tests were conducted using a light gas
gun of 101 mm internal bore diameter [19]. A sche-
matic of the light gas gun is shown in Fig. 2. This gun
has a double diaphragm breech and uses compressed
nitrogen (impact velocity <600 m/s) or compressed
hydrogen (impact velocity >600 m/s) as driving gas.

The type and pressure of the compressed gas are cho-
sen according to the desired impact velocity. Once a
working pressure of the driving gas is identi®ed, suit-
able diaphragms can be determined accordingly. The
diaphragms are selected to withstand slightly more
than half the working pressure in gas chamber and to
open cleanly and quickly when subjected to full press-
ure. Annealed aluminium diaphragms and stainless
steel diaphragms are used in these experiments. Firing
is accomplished by exhausting the region between the
diaphragms (initially pressurized to half working press-
ure) so that each diaphragm in turn experiences the

Fig. 3. Granite specimens before and after impact tests.
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full pressure and is broken. The pressured gas is
released and pushes the projectile to accelerate along
the barrel. Eventually, the projectile impacts the target
at the muzzle.

Before impacting, the target assembly is placed into
the target holder and the whole light gas gun system is
sealed and vacuumed. The vacuumed pressure in the
system is maintained at less than 1 Pa before shooting.
Meanwhile, in order to prevent the projectile from
moving, the space between the rear part of projectile
and the diaphragm is ®rstly vacuumed. The objectives
of vacuuming are:

1. to reduce the air resistance to the motion of the
projectile;

2. to avoid the frictional heat that may melt the ``O''
ring around the projectile and hence pollute the bar-
rel;

3. to avoid an air cushion forming by accumulation of
air in the front of the accelerated projectile.

In order to ensure planar impact, the target holder is
composed of three di�erential screw apparatuses that
can be adjusted to maintain the tilt angle between the
target plane and the impact plane of the projectile at

Fig. 4. Typical pro®les of stress waves recorded during impact tests.
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less than 10ÿ3 rad. The assembly of target and the
instrumentation system used to measure and record
the wave pro®les and data are also shown in Fig. 2.

Fig. 3 shows the granite specimens before and after
the impact tests.

3.3. Forward target design

The forward target design is employed in this impact
test, as shown in Fig. 2. Aluminium alloy (2024 Al) is
used as the ¯yer, the front cover, the back cover and
the protection ring. The nominal thickness of the ¯yer
is 420.1 mm. The use of 2024 Al is based on two con-
siderations: its Hugoniot parameters are known [2],
(Us=5328+1.338 up, r=2.7 g/cm3); and its impedance
is close to that of the granite. Two axial electrical pins
are installed to measure the velocity of impact. Two
stress gauges are attached on the front and back of the
rock specimen. The insulation between the stress gauge
and the 2024 Al plates is achieved by adding a 25 mm
thickness Mylar membrane.

When the stress wave induced by the impact travels
in the rock specimen along the axial direction from the
front to back, the two gauges record the interval time
of the shock wave traveling through the thickness of
the rock specimen and the history of the impact stress
on the respective sides. One set of the parameters of
the Hugoniot state equation of the granite Ð obtained
by means of two groups of data (Us , up ) and (P, up)

and checkable with each other Ð can be determined in
one shoot based on the recorded impact velocity (V0),
the average shock speed (Us), the amplitude of the
impact stress ( p ) and the Hugoniot parameters of the
2024 Al. A group of such data can be obtained by a
series of the impact tests with various impact vel-
ocities. Correspondingly, the Hugoniot state equation
of the granite can be derived through a regression
method.

The function of the 2024 Al protection ring is to
ensure that the lateral release waves from the periphery
do not interfere with the measurement at the centre,
and guarantee that the data acquisition by the stress
gauges is under a uniaxial strain condition. Although
the aspect ratios (diameter/thickness) of the sample
assembly (4:1 to 5.8:1) are su�ciently large [16], the
wave pro®le cannot be easily obtained without the pro-
tection ring. The unevenness of the surfaces of the
components such as that of ¯yer, the cover plate, the
back plate and the granite specimen are limited within
2 mm. A silicon grease is smeared on the contact sur-
faces of the cover plate, the back plate and the speci-
men. A small load is applied when the specimen is
assembled. All of these measures are to ensure good
contact between the specimen and the plates.

The stress gauges used in this experiment were man-
ufactured by the Red Star Strain Gauge Factory of
China, (type MBP50-6BD-45). The sensitive element is
a 6 mm diameter spiral grid and the nominal resistance

Fig. 5. Impedance match solution of the Hugoniot measurement.
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is 50 O21%. A pulse power unit was used to supply
the gauge with the pulse voltage. All the details of
principle and structure of the pulse power can be
found in [20]. The start of the power source is con-
trolled by a silicon controlled recti®er which is con-
nected to the trigger pin. The measuring range of the
MBP50-6BD-45 gauge is between 50 MPa and 20 GPa
and the piezoresistivity coe�cient k of the gauge has
values as follows:

k � 0:0260 GPaÿ1 �< 3 GPa�

k � 0:0285 GPaÿ1 �> 3 GPa�

Fig. 4 shows typical pro®les of the stress waves
recorded by the stress gauge.

4. Results

Eighteen acceptable experiments were conducted in
this study and the relevant experimental results are
given in Table 3. The range of impact velocity in the
tests is from 65 to 800 m/s, and the corresponding
impact stress range is from 500 MPa to 7 GPa. Based
on the experimental data of impact velocities, impact
stresses and the Hugoniot parameters of 2024 Al, a

Fig. 6. Linear Hugoniot relation for the Bukit Timah granite.

Fig. 7. Impact stress±bulk strain curve for the Bukit Timah granite.
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series of shock velocities Us and particle velocities up
of the granite can be calculated by the impedance
matching method (see Fig. 5). The Hugoniot linear re-
lation of the Bukit Timah granite is ®tted as follows

Us � 5961� 2:907up �8�
The coe�cient of regression r = 0.8935. Fig. 6 shows
the Hugoniot linear relation of the granite material.

Another group of the shock velocities (Us) and par-
ticle velocities (up) of the granite is also given in
Table 3. In this group of (Us, up), Us is obtained from
d/DT (d is the thickness of the rock specimen, DT is
the interval time for shock wave traveling through the
thickness d ); up is calculated based on the impact vel-
ocity VI, shock velocity (Us) and the continuity con-
ditions of the pressure and velocity at the interface.
The maximum deviation of (Us) and (up) between the
two groups of (Us, up) is 3.82% and 2.34% respect-
ively.

Bulk strains obtained directly from the tests are
listed in Table 3. For convenience of engineering appli-
cation, the relation between the pressure p and the
bulk strain m regressed from the test data is into the
form of Eq. (7)

p � 95:0m� 613:3m2 � 1249:4m3 �9�
The curve of pÿm for the granite is shown in Fig. 7. In
the ®gure, the dashed line is plotted based on the re-
gression Eq. (9) and the solid line is from Eq. (5). The
two lines are in good agreement. This means that the
regression accuracy of the quadratic polynomial is suf-
®cient good. However, some scattered test results can
be seen in Figs. 5 and 6. They arise from the following
aspects:

1. the error in measuring stress amplitude due to the
existence of26% discord between the stress gauges;

2. 21% measurement error of impact velocity; and
3. heterogeneity, anisotropy and the coarse grain size

of the granite.

5. Conclusions

The Hugoniot equation of state of the Bukit Timah
granite was determined through impact experiments
using a light gas gun. The range of impact velocity
was from 65 to 800 m/s and the corresponding impact
stress range from 0.5 to 7 GPa. The forward target de-
sign was employed. The linear Hugoniot relation
between the shock velocity (Us) and the particle vel-
ocity (up) of the granite follows the form:

Us � 5961� 2:907 up �m=s�
The quadratic polynomial representing the relation
between the impact stress ( p ) and the bulk strain
(m=1ÿu/u0) regressed from the test results is in the
form:

p � 95:0m� 613:3m2 � 1249m3 �GPa�
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