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ABSTRACT

To evaluate the predictive capability of the actuator disk (AD) models in simulating wakes of different
wind turbine designs, we compare the results of the AD simulation with those of the actuator surface
(AS) simulation for the EOLOS, NREL and a variant of the NREL (i.e., NREL-V) wind turbine designs. Two
types of AD models are considered, i.e., the AD-R and AD-NR models corresponding to the AD model with
and without rotational effects, respectively. For the AD models, the force coefficients are both obtained
from the corresponding AS simulations. The results from the AD simulation are compared with those of
AS simulations. It is observed that the velocity profiles predicted by the AD models agree well with the
AS predictions. For the turbulent kinetic energy and the Reynolds shear stress, differences appear at far
wake locations (7D, and 9D downwind of the turbine where D is the rotor diameter) for both the EOLOS
and the NREL-V turbines. In case of the NREL turbine, on the other hand, there is an overall good
agreement except in 3D downwind to the turbine. Furthermore, the modes obtained by using the proper
orthogonal decomposition from the AD and AS simulations are also presented and compared with each
other, indicating that the distribution of the mode energy, and the location and features of the mode

patterns differ for different turbine designs.

© 2022 Elsevier Ltd. All rights reserved.

1. Introduction

The commitment of countries to become carbon neural in the
next few decades calls for increasing research efforts to reduce the
levelized cost of wind energy because of its renewability and sus-
tainability. The wind energy comes from the kinetic energy in the
large-scale motion of the air above the atmospheric boundary layer
(ABL), which is driven by the solar energy and buoyancy. Wind
turbines often clustered together to form wind farms [1,2]. In a
wind farm, the wake of an upstream turbine influences its down-
wind neighbors with reduced oncoming velocity and increased
velocity fluctuations, resulting in a loss of power output and an
increase of fatigue loads [1,3]. Depending on the wind farm layout
and wind conditions, the power loss of the downwind turbine
ranges from 20% to 80% with a common 40% loss in full-wake
conditions [4,5].
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Continuous research effort has been made to understand the
mechanism of the wake dynamics. Various tools have been
employed to predict wind turbine wakes with different model
fidelities. Among them, semi-analytical wake models [6—9] are
capable of providing fast estimation of the wake. However, certain
simplifications (such as linear wake expansion and predefined ve-
locity profile) and calibrated parameters for standard scenarios are
often included in these models. As an alternative approach,
computational fluid dynamics (CFD) simulations which predict the
wake evolution by solving the fundamental governing equations of
fluid flow [10], are able of providing more detailed wake structures
and are particularly suitable for non-standard scenarios, such as
complex terrain topology [11—14] and yaw misalignment of the
turbine [15,16]. Due to the multi-scale nature of the flow phe-
nomenon involved, it is still difficult, if not impossible, to resolve all
the small scale flow structures of several centimeters on the
boundary layer of the blade boundary [12] in wind turbine and farm
simulations. Instead, wind turbines are often parametrized with
actuator type models to reduce the computational cost, including
the actuator disk (AD) model, the actuator line (AL) model and the
actuator surface (AS) model.
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The AD model, which was developed by Rankine [17] and
Froude [18] for propeller calculations, represents the turbine blade
as a permeable disk interacting with wind. Because of its theoret-
ical simplicity and computational efficiency, this model is widely
used in wind turbine and wind farm simulations [19—21]. In most
AD models, the uniformly distributed thrust forces applied on the
disk are calculated by the one-dimensional momentum theory
[21—23]. To improve the accuracy of the AD model, Wu and Porté-
Agel [24] incorporated the rotational effect in the AD model by
using the blade element momentum (BEM) method to provide the
tangential force, and improved the agreement of the AD predictions
with wind tunnel measurements [25]. Shapiro et al. [26] proposed a
filtered AD model in which a vortex cylinder model was employed
to quantify the shedding vorticities behind the disk. Although the
AD model is computational efficient, it cannot accurately predict
the effect of individual blades. The AL model is more accurate by
representing turbine blades using rotating lines with distributed
forces, in which the forces are calculated from the blade element
approach via tabulated drag and lift coefficients and the local
relative wind speed [22,27—29]. Because a single point is used to
represent a blade span section in the AL model, thus it cannot
capture the chordwise dimension of the airfoil shape. To incorpo-
rate the chordwise dimension of the blade, the AS model is intro-
duced, which represents the blade as zero-thickness surface
formed by chords at different radial locations [30—34]. However, it
is still expensive to employ the AL/AS models in wind farm simu-
lations due to the usage of small time steps. In our previous study
[35], it has been shown that the actuator disk model with uniformly
distributed forces cannot accurately predict the meandering of
turbine wakes, which, on the other hand, can be accurately pre-
dicted by using the actuator surface models for the blades and the
nacelle as developed in Ref. [33].

In the present study, we employ the AS model developed in
Ref. [33] to validate the AD model with non-uniformly distributed
axial forces and tangential forces for predicting wakes from
different utility-scale turbine designs. Two types of AD models
(with and without the rotational effect, which are denoted as the
AD-R and the AD-NR models, respectively) are considered. Three
turbine designs are considered, including the EOLOS 2.5 MW wind
turbine, the NREL 5 MW wind turbine and a variant of the NREL
turbine, i.e., the NREL-V turbine. The axial force coefficients of the
three turbine designs are featured by two types of distributions, i.e.,
1) roughly uniformly distributed in the radial direction, and 2)
higher near the blade root. Although studies on evaluating the
actuator disk model have been carried out in the literature (e.g.,
Refs. [24,36,37]), to the best of our knowledge, this is the first time
evaluating the predictive capability of the non-uniformly loaded
actuator disk models with/without rotation for predicting the
wakes of different wind turbine designs. As will be demonstrated
by the simulation results, the predictive capability of the AD model
is different for different wind turbine designs. While the mean
velocity deficits predicted by different AD models are similar, what
we want to emphasize is that the predictive capability of the AD
models in the turbulence kinetic energy and Reynolds shear stress
differs for different turbine designs. Specifically, the predictions of
these turbulence quantities are similar between different AD
models for the one with uniformly distributed axial force coeffi-
cient, while are significantly different for the others that have
higher axial force near the blade root region. The simulation results
further show that the actuator disk model with rotational effect
considered performs better than the one without.

The rest of the paper is structured as follows. In Section 2, the
employed AS and AD models are briefly introduced together with
the flow solver for the large-eddy simulations in this paper. The
computational setup, including the employed AS and AD meshes, is
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presented in Section 3. In Section 4, at different downwind posi-
tions, the results computed by the AD-NR and the AD-R models are
compared with the AS predictions to evaluate the capability of the
AD models in predicting wakes of different designs. At last, the
conclusions are drawn in Section 5.

2. Numerical methods

In this section, numerical methods for simulating different kinds
of wind turbines are briefly described, including the non-uniformly
loaded actuator disk (AD) models, the flow solver employed in this
work, and the actuator surface (AS) model from which the pre-
dictions are employed as the reference for evaluating the AD model.

2.1. Actuator surface model

In the actuator surface (AS) model proposed by Yang and
Sotiropoulos [33], the turbine blade is represented by a zero
thickness surface formed by chord lines at different radial locations
[32,37]. Just like the actuator line model, the radial distributed lift L
and drag force D per unit length are calculated as follows:

1

L=5pcCUser,

(1)

D:%/)CCD Ufefem (2)
where p is the air density, C;, Cp are the lift and the drag coefficients
from a look-up table, respectively. c is the chord length at each
radial position of the blade, Ut is the flow velocity relative to the
blade, e; and ep denote the unit vectors in the direction of the lift
and the drag forces, respectively. In addition, the rotational effect
model from Du and Selig's [38] and the tip loss effect model from
Shen [22] are employed.

After calculating the lift (L) and drag (D) forces from Eq. (1) and
(2), the total force per unit area (f{X)) applied on the surface of the
blade at each radial direction can be calculated by
JX)=(L+D)/c, (3)
where X denotes the grid point at the actuator surface.

The actuator surface model has been systematically validated in
Ref. [33] by comparing its predictions with the measured data for
different turbine designs. More details of the actuator surface
model can be found in Ref. [33].

2.2. Actuator disk model

The actuator disk (AD) model neglects the geometry of the
rotating blade by representing it as a fixed two-dimensional porous
disk, which exerts a thrust force on the incoming flow. In the pre-
sent work, instead of using the one-dimensional moment method
or the blade element moment method to provide the force applied
on the disk for the AD model, the non-uniform thrust force and
tangential force applied on the AD model are specified from the
results of the AS simulations. Firstly, the AS simulation is performed
with the axial force (Fg 45) and the tangential force (F;4s) recorded at
each time step, which are computed by projecting the lift and drag
forces, i.e., L and D, to the axial and tangential directions, respec-
tively. Then, as shown in Fig. 1, these forces exerting on the three
actuator surfaces in the AS model are equally distributed to the
actuator disk at each radial annulus. In Fig. 1, the three blades in the
AS model are shown in blue, while the porous disk is shown in
black with dashed lines representing the radial annulus at r
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Fig. 1. Schematic for computing C, and C; in the Actuator Disk (AD) model from results
of the Actuator Surface (AS) simulation. The blue color represents three wind blades in
the AS model, the circle represents the porous disk in the AD model, and the dish lines
represents the radial annulus in the AD model.

location. Equating the force exerting on the radial annulus of the
actuator disk with that on the three blades from the AS simulation
at radial location r, the axial force coefficient C; and the tangential
force coefficient C; applied on the actuator disk can be computed
via the following equations:

%p U2, 2707 Cadr = 3 Fyps dr, (4)

1

j,ougub 2mr Crdr = 3F, ps dr, (5)
where Up,p is the incoming velocity at hub height. From the above
two equations, the expressions for computing the axial force co-
efficient C,; and the tangential force coefficient C; are obtained as
follows:

3F,
a=—o (6)
,o7rrUhub
3F,
;= bAS (7)
mrrUhub

With the obtained C, and C;, the axial force f; and the tangential
force f; per unit area on the actuator disk are computed as follows:

1
fa ijuﬁume (8)

i = 5 UG (9)

In the present work, two actuator disk models (with and
without rotational forces corresponding to AD-R and the AD-NR
models, respectively) are considered. Specifically, both f, and f;
are applied on the actuator disk in the AD-R model, while the
tangential force f; is set as zero in the AD-NR model. It is noted that
in both the AS and the AD simulations, the nacelle is modeled by
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using the AS model of Yang and Sotiropoulos [33]. The forces
computed using the AD/AS model are distributed to the fluid
background grid nodes using the smoothed delta function, which is
widely used in the immersed boundary method to simulate fluid-
structure interactions [39—42]

2.3. Flow solver

The large-eddy simulation (LES) module of the VFS-Wind code
[29] is employed in the present work to solve the three-
dimensional filtered Navier-Stokes equations in the following form:

aut
T o, 10
Y (10)
1oU & (a0 k0 (gFau) 10 (dp
J atJ( a5f<w”’>+ﬂa&"<1 af") Pa?<f

16711-

pawf,), (11)

where i, j, k, [ = 1, 2, 3, x; is the Cartesian coordinates, §i are the

= g—f(; is the transformation metrics, J is

curvilinear coordinates, ¢!
the Jacobian of the geometric transformation, Ul = (Ef /Dy, is the

contravariant volume flux, u; is the ith component of velocity vector
in Cartesian coordinates, y is the dynamic viscosity, g = 7'{7'5‘ is the
components of the contravariant metric tensor, p is the pressure,f; is
the body force resulted from the turbine blade and nacelle
computed using the actuator surface/disk models, 7;; is the sub-grid
stress (SGS) tensor introduced by the filtering operation modeled
using the Smagorinsky SGS model [43] as fellows:

1
Tij = 3Tkiij = — S (12)
where the = represents the grid filtering operator. S;; is the large-
scale strain rate tensor, the y; is the eddy viscosity computed by

e = CsA?|S|, (13)

where A denotes the filter width, C; is the Smagorinsky constant
computed via the dynamic procedure [44], and |S| = /25;S;; is the
magnitude of the strain-rate tensor.

A second-order accurate central difference scheme is applied to
discretize the governing equation in space, and the fractional step
method [45] is used for temporal integration. A matrix-free
Newton—Krylov method [46] is employed to solve the mo-
mentum equation, meanwhile the Generalized Minimal Residual
(GMRES) method along with an algebraic multi-grid acceleration is
employed to solve pressure Poisson equation [47].

3. Computational setup

Here different wind turbine designs are considered: 1) The
EOLOS wind turbine, a Clipper Liberty C96 2.5 MW wind turbine
installed at the EOLOS wind energy research field station at Uni-
versity of Minnesota; 2) the NREL 5 MW wind turbine, a reference
offshore baseline wind turbine developed at NREL; 3) a variant of
the NREL wind turbine, i.e., NREL-V, which is designed based on the
NREL turbine using an inverse design method [48,49], with its
chord and twist distributions presented in the Appendix A. The
rotor of the EOLOS turbine is D = 96 m positioned at the hub height
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of znup = 80 m and the nacelle is of size 5.3 m x 4.7 m x 5.5 m. More
information about this turbine can be found from previous studies
[50—52]. The rotor diameters of the NREL and the NREL-V turbines
are both D = 126 m with the hub of the rotor located at zy,;, = 90 m.
More specifics of the NREL turbine design can be found in
Refs. [53,54]. In this study, a 16 m x 5 m x 5 m cuboid nacelle is
used for the NREL and the NREL-V turbines.

For all the cases, the same computational set up shown in Fig. 2
is employed, in which the x, y and z are the streamwise, the
spanwise and the vertical directions, respectively. The size of the
domain is Ly x Ly x L, = 14D x 7D x 10D discretized with a Car-
tesian grid of Ny x Ny x N, = 281 x 281 x 143. The computational
domain is chosen in a way that the streamwise length is enough to
cover the wake locations of interest in this work, the spanwise
length is large enough to avoid the effect of the spanwise boundary
on the wake evolution, and the vertical height (approximately
1 km) is comparable to the thickness of atmospheric boundary
layer. Computational domains of similar sizes have been employed
in the literature [16,37]. The turbine is located at 3.5D from the
inlet. At the inlet, the uniform inflow is applied. At the outlet, the
Neumann boundary condition is applied. On the other four
boundaries, the free-slip boundary conditions is employed. The
mesh is uniformly distributed in x and y directions with grid size
Ax = D/20 and Ay = D/40, respectively. In the vertical direction, the
mesh is uniform with Az = D[40 within z = (0, 2D) region and
gradually stretches to the top boundary. Grid refinement study has
been carried out in our previous work [16], which showed that the
employed mesh is enough for predicting the quantities of interest
in this work. The time steps for the AS and AD simulations are
0.00417D/Upyp and 0.00833D/Upyp in the EOLOS turbine case and
0.00317D/Upyp and 0.00635D/Upyp in the NREL and NREL-V turbine
cases, respectively. Smaller time step is employed in the AS simu-
lation to ensure that the tip of the blade does not pass more than
one grid spacing in one time step. Fig. 3 shows the meshes dis-
cretizing the actuator surface and actuator disk for the EOLOS and
NREL turbines. As seen, the unstructured triangular mesh is used.
For the EOLOS turbine case, the numbers of triangle elements are
376, 3042 and 2370 for the nacelle mesh, the actuator surface mesh
and the actuator disk mesh, respectively. For the NREL and NREL-V
turbine cases, 532, 3042 and 2370 triangular elements are

10D

14D

Fig. 2. Schematic of the computational domain, where x, y and z denote the stream-
wise, the spanwise and the vertical directions, respectively. The turbine is located at
3.5D from the inlet, where D is the rotor diameter.

272

Renewable Energy 188 (2022) 269—281

employed to discretize the nacelle, the actuator surface and actu-
ator disk, respectively. In turbine cases, the incoming streamwise
velocity at the hub height of the rotor is Uy, = 8 m/s. The Reynolds
number Re = DUpp/v = 5.67 x 108 for all cases, where v is the ki-
nematic viscosity. In the AS and simulation for all turbines, the tip
speed ratio is set to be eight (TSR = 8.0), which is the ratio between
the tangential speed of the blade tip and the incoming wind speed
at hub position Upy, shown as follows:

QR
Unub’

TSR = (14)

where Q is the rotational speed of the rotor, R is the rotor radius. To
confirm the findings from this work, cases with a different value of
TSR are also carried out with the simulation results presented in
Appendix C.

4. Results and discussion

In this section, at the tip speed ratio of eight, the results from the
simulation of the EOLOS, the NREL and the NREL-V turbines using
the AS, the AD-R and the AD-NR models are presented and dis-
cussed. Please note that U, V and W denote the time-averaged ve-
locity components in the streamwise, the spanwise and the vertical
directions, respectively.

Before comparing the flow field in turbine wake, Fig. 4 plots the
radial distributions of C,; and C; obtained from the actuator surface
(AS) simulations of the EOLOS, the NREL and the NREL-V turbine
designs. As seen, the C; from the NREL turbine is more evenly
distributed in the range of 0.2—0.9 r/R when compared with that
from the EOLOS turbine, which shows a sharp increase to approx-
imately 1.17 at r/R 0.3 and abruptly decrease to zero as
approaching the blade tip region. We suspect that the different
distributions of C, in the region near the blade root are the reason
for different predictive capabilities of the AD model for these two
different turbine designs. Therefore, simulations of the newly
designed NREL-V turbine which shows higher C, distribution near
the blade root region are conducted. The detailed flow field will be
discussed and presented in the following section. On the other
hand, the overall shape of the distribution of the C; is similar for all
turbine designs, although some differences are observed in terms of
the locations where the maximum and minimum C;. The averaged
Cgs for the EOLOS, the NREL and the NREL-V turbine are 0.638,
0.684 and 0.654, respectively.

In this section, we compare the simulation results from the AD-
R and AD-NR models with those from the AS model for all turbines,
i.e., the EOLOS, the NREL, and the NREL-V turbines. At different
downwind positions in the horizontal rotor plane x — y plane at
Z = Zpup, Figs. 5—7 plot the time-averaged streamwise profiles of
velocity U, the turbulent kinetic energy k and the Reynolds shear
stress (u'v') from — 1D to 1D of the spanwise direction, respectively.
Besides, the first, second and third rows are results of the EOLOS,
the NREL and the NREL-V turbines, respectively. For all turbine
designs, it is observed from Fig. 5 that the streamwise velocity
profiles predicted by the AD-R model show well agreement with
the results obtained by the AS model starting from the near wake
region (x = 1D) until 9D downwind of the turbine. However, ve-
locity deficits predicted by the AD-NR display somewhat differ-
ences. Specifically, the AD-NR model predicts well in the NREL
turbine case from 1D to 9D downwind regions, and same results
shown in the NREL-V turbine case expect at far wake region (9D).
However, for the EOLOS, the velocity computed by the AD-NR
model is smaller than that of the AS and AD-R models from range
1D to 9D. The different predicative capability of the AD-NR model in
simulation different turbine designs indicates that the EOLOS



G. Dong, Z. Li, J. Qin et al.

(a) EOLOS-AS

(c) NREL-AS

RAEdE ) O 4

B

Renewable Energy 188 (2022) 269—281

(d) NREL-AD

Fig. 3. The unstructured triangular mesh of the AS and the AD models for (a) the AS mesh of the EOLOS turbine, (b) the AD mesh of the EOLOS turbine, (c) the AS mesh of the NREL
turbine, and (d) the AD mesh of the NREL turbine.
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Fig. 4. The distributions of the axial force coefficient (C,) and tangential force coefficient (C;) along the blade axial direction. Solid red lines with circles: the EOLOS turbine; Dashed
blue lines with right triangles: the NREL turbine; Dashed dot green lines with left triangles: the NREL-V turbine.

turbine experiences stronger rotational effects for near wake to far
wake compared to the NREL and the NREL-V turbine designs.

The comparison of the turbulent kinetic energy k shown in Fig. 6
illustrates that for the NREL turbine, the prediction of the AD
models agrees well with the results of the AS model from 1D to 9D
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downwind position except at x = 3D location, at which the TKE
predicted by the AD models is less than the AS model. In the case of
the NREL-V turbine, the AD models predict well from 1D to 3D,
After that, the AD models predict less k compared with results of
the AS model, and the less k is predicted by the AD-NR model
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Fig. 5. Profiles of the streamwise velocity U for (a) the EOLOS turbine, (b) the NREL turbine, and (c) the NREL-V turbine in the horizontal x — y plane at z = z,,;, at different

downwind positions.
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Fig. 6. Profiles of the turbulent kinetic energy k for (a) the EOLOS turbine, (b) the NREL turbine, and (c) the NREL-V turbine in the horizontal x — y plane at z = z,, at different

downwind positions.
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Fig. 7. Profiles of the Reynolds stress (u'v’) for (a) the EOLOS turbine, (b) the NREL turbine, and (c) the NREL-V turbine in the horizontal x — y plane at z = zp,;, at different downwind

positions.

compared with the AD-R model. However, the AD models show
different predictive capability in simulating the EOLOS turbine.
Specifically, the AD models do not predict well from near to far
wake regions. At x = 1D and x = 9D the AD-R model predicts less k
while the AD-NR model predicts more k in comparison with results
of the AS model. From x = 3D to x = 7D wake regions, the results of
the AD-NR and AD-R models show well agreement while the re-
sults predicted by them are less than that of the AS model.

Then, the Reynolds shear stress (u/v') computed by the AD and
AS models for different turbine designs is compared in Fig. 7. For the
NREL turbine, the results of the AD models agree well with that of
the AS model, and only slight difference can be seen. In the case of
the EOLOS turbine, the AD-R model predicts well from x = 1D to
x = 9D regions, however the AD-NR model predicts well in the near
wake from 1D to 7D, but over-predicts at the far wake region at
x = 9D. Similar for the NREL-V case, the AD-R model predicts well
from 1D to 7D downwind of the turbine, and only a slight difference
appears in the 9D region. Meanwhile the AD-NR model predicts
well from 1D to 5D, and it under-predicts (u'v’) from 7D to 9D
regions.

Fig. 8 shows contours of the turbulent kinetic energy k and the
Reynolds shear stress (u/v'). For all the turbines, it is seen that the
regions with high turbulent kinetic energy and larger magnitudes
of Reynolds shear stress appear in the near hub region located
immediately behind wind turbine and in the tip shear layer located
in the far wake, respectively. The hub induced turbulent kinetic
energy k appears immediately behind the turbine, and stronger k
can be seen until approximately 5D, 2D and 6D downwind positions
in the case of the EOLOS, NREL and NREL-V turbines, respectively.
Meanwhile, the shear induced Reynolds shear stress (u'v') appears
at 4D, 2D and 6D downwind positions in the case of the EOLOS,
NREL and NREL-V turbines, respectively. Besides, for all cases, the
turbulent kinetic energy k and the Reynolds shear stress (u'v’)
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appear early in the results of the AS model than that of the AD
models.

The POD analysis of the spanwise velocity fluctuations, a good
indicator for the spanwise motion of the wake, is carried out for the
three different turbine designs. For all cases, 6000 snapshots are
used in the POD analysis. Fig. 9 shows the percentage of energy
contained in each POD mode for different turbine designs. As seen
from the AS results, the overall trends are different for different
turbine designs. More energy concentrated in the first two POD
modes for the NREL-V turbine. As for the comparison between the
AD and the AS results, differences are observed for a wide range of
POD modes for the NREL turbine, but only for the first several
modes of the EOLOS and the NREL-V turbines.

Fig. 10 shows the 1st, 3rd and 5th POD modes from the simu-
lations of the EOLOS, the NREL and the NREL-V turbines. We first
compare the POD modes from different turbine designs. As seen,
the locations and the patterns of the POD modes are different for
different turbines designs. Organized POD patterns appear at about
6D downwind of the turbine for the EOLOS and NREL-V turbine
design, which, on the other hand, starts at 3D downwind for the
NREL turbine. The streamwise extent of the patterns in the wake of
the NREL turbine is observed being smaller than the other two
turbine designs. For the three POD modes considered here, four
different patterns can be identified, i.e., 1) continuous straight
shape of the same sign in the upper (positive y) and lower (negative
y) parts of the wake; 2) continuous deformed shape of the same
sign in the upper and lower parts of the wake; 3) discontinuous
shape of the different sign in the upper and lower parts of the wake;
and 4) irregular shape with non-periodic sign changes. For the
EOLOS turbine, the 1st mode is mainly composed of pattern 3 for
AS, AD-R and AD-NR models, while slight differences appears that
pattern 1 starts in the far wake at x = 9D for the AD-R and AD-NR
models. For the 1st mode of the NREL turbine, pattern 1 starts from



G. Dong, Z. Li, J. Qin et al.

m—_-

0005 001 0.015 0.02

AD-NR

—— e 4
'//D 0_ _

Renewable Energy 188 (2022) 269—281

%, E—
s

Vi 005 0.005

AD-NR

AD-NR

) — ————
y/Do

II/DO_ _
T/D

y/DO_ _

E
O
L
(e}
AD-NR S
N
R
E
AD-NR L
N
R
E
L
AD-NR |
A%

" 0_ _

Fig. 8. Contours of the turbulent kinetic energy k (left) and the Reynolds stress (u'v') (right) for (a) the EOLOS turbine, (b) the NREL turbine, and (c) the NREL-V turbine in the

horizontal x — y plane at z = zp,,;, at different downwind positions.

‘\\ — AS 3.0 — AS
) i —-= AD-R —+= AD-R
409 3 --- AD-NR 2.07 6.0 --- AD-NR
< ;
= _ 4047
2.0 1.0
2.0
0'0— T TTTTTT T T 171777 T T OO_ T T T TT1TT T TTTTTT UO_ T T T 111717 T T T TTT1TT T T
10" 10! 102 100 10! )2 10" 0! 102

J
(a) EOLOS

J
(b) NREL

J
(¢) NREL-V

Fig. 9. POD mode energy of the normalized spanwise velocity v/Up,; plotted here for the first 500 modes for the (a) EOLOS, (b) NREL and (c) NREL-V turbines. These energy is

normalized by the total kinetic energy k for each case.

3D, then changes to pattern 2 and pattern 3 at far wake locations in
the AS results. Differences between the AD-R and AS predictions of
mode 1 are observed for the NREL turbine, that in the AD-R results
significant patterns are observed at relatively further wake loca-
tions with a narrower region with pattern 1. If the rotation is not
considered, more differences are observed in mode 1 of the NREL
turbine, which is wider in the streamwise direction and is mainly
composed of mode 1 at the far wake locations. For mode 1 of the
NREL-V turbine, the overall patterns predicted by the three
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different models are similar with each other, with that from the AD-
R model starting at somewhat further downwind locations and less
organized. For modes 3 and 5 of the NREL turbine, the predictions
from different AD models are similar with the AS predictions. As for
the NREL turbine, some differences between AD and AS models are
observed especially for mode 5, for which the size of the pattern
from the AS model is larger than the other two models. For mode 3
and mode 5 of the NREL-V turbine, on the other hand, the patterns
predicted by the AD-R models are quite different from the AS
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model.

5. Conclusions

In this study, the capability of the AD model in predicting tur-
bine wakes of different blade designs is evaluated by comparing the
AD predictions of the 2.5 MW EOLOS wind turbine, the 5 MW NREL
wind turbine and a variant of the NREL wind turbine (NREL-V) with
the AS predictions. The wake turbulence is simulated using large
eddy simulation. Two different AD models with and without the
rotational effect (i.e., AD-R and AD-NR) are considered. In the AD
models, the radial distributions of the axial and tangential (AD-R
only) force coefficients are computed using the AS simulation re-
sults by uniformly distributing the forces to the annulus on the
actuator disk at the same radius.

The simulation results show different predictive capabilities of
the AD models for different wake statistics in the case of different
wind turbine designs. For the streamwise velocity deficits, the
predictions from the AD models are in good agreement with those
from the AS model. For the turbulent kinetic energy and the Rey-
nolds shear stress, the predictive capabilities are observed being
different for different turbine designs. Specifically, good agree-
ments between the AD predictions and the AS predictions are
observed for the NREL turbine, while discrepancies are observed for
the EOLOS and the NREL-V turbines. The comparisons of the POD
modes between the AD and AS predictions, on the other hand, are
complex. The patterns of the POD modes predicted by the AD-R
model are in general agree better with the AS results when
compared with the AD-NR model. However, discrepancies are also
observed in terms of the location and the details of the POD
patterns.

The different predictive capabilities of the AD models for
different turbine designs are associated with different radial dis-
tributions of the axial force. For the NREL turbine design, the axial

—— NREL

—«—- NREL-V

0.4 0.6
r/R
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Appendix A

In this appendix, we compare the distributions of twist and
chord of the NREL-V turbine with those of the NREL turbine. As seen
in Fig. 11, near the hub the blade of the NREL-V turbine has a larger
chord and is less twisted, while near the tip the blade has a smaller
chord and is more twisted when compared with the NREL turbine.
It is note, the thrust force coefficient of the NREL-V turbine is not
exactly the same as that of the NREL turbine, with the difference
less than 10%.

0.08

—— NREL

—«—- NREL-V

0.07

0.06

0.04

0.03

0.02

0.6
r/R
(b)

0.8

Fig. 11. Distributions of (a) twist and (b) chord of the NREL turbine and the NREL-V turbine.

force coefficient are evenly distributed at most radial locations. For
the EOLOS and NREL-V turbine designs, on the other hand, the axial
force coefficients are larger near the root of the blade while they are
smaller near the tip of the blade. Such different distributions of the
axial force cause different instability mechanism of the wake. For
the NREL turbine, the radial gradient of the streamwise velocity
deficit is high near the tip region that the instability of the wake
starts from the tip region as demonstrated by the POD modes. For
the EOLOS and NREL-V turbine designs, on the other hand, the
wake instability is induced by the interaction between the hub
vortex and the outer shear layer at far wake locations as the hub
vortex grows in radius when traveling downwind.
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Appendix B

The proper orthogonal decomposition (POD), also known as
Karhunen—Loéve procedure [55,56], could identify the most ener-
getic structures from complex fluid flow. To deal with our 3D wind
turbine simulation results, the snapshot POD method is adopted
because of its computational efficiency. A brief introduction of the
snapshot POD algorithm is given as follows:

Step 1: Collecting data.

For a series of time steps, the flow field velocities are stacked in
terms of a collection of the column vector q(x, t) which represents
the velocity fluctuating and is defined as follows:



G. Dong, Z. Li, ]. Qin et al.

a(x.t) = u(x,t) ~UX) =Y _a;(t)e;(x). (15)
j=1
Step 2: Constructing the correlation matrix R.
1~ 1 T
mxm
R=ﬁ;q (t)a(t) = Q'Qer™m, (16)

where the matrix Q represents the m snapshots data of flow ve-
locities being stacked as:
Q=1[q(t1) q(t2) q(tm) ] €R™M, (17)
where n is the number of grid points and m is the number of time
series. In our 3D simulations, n is extremely large (approximately 11
million) compared with m = 6000, the snapshot POD method is
therefore adopted. Specifically, the eigenvalue problem of a smaller
correlation matrix C with size (m x m) (shown in Eq. (17)) is solved,
instead of solving the eigenvalue of a classical correlation matrix
QQT with size (n x n) in the classical POD method.

Step 3: Computing eigenvalues.

The eigenvalue of Q is solved as:
Ro; = Aigj;, o;€R™ (18)
where ¢; with k=1, 2, ..., m denotes number of the orthogonal POD
modes. The strength of the jth POD mode is ¥ which represents the
mode's relative contribution to the turbulent kinetic energy (TKE,
k).

k= ZJL

The eigenvectors of the classical POD analysis can be determined as
follows:

. (19)

1.0

Renewable Energy 188 (2022) 269—281

¥ = Xo —ern. (20)
Vi

Equivalently:

W= XOA/2, (21)

It should be noted that ¥ = [y; v, Y] €ER™ and & =

[p1 92 om JER™M

Appendix C

In this appendix, the results from the cases with TSR = 6 are
presented to demonstrate that the same conclusions can be drawn
for different turbine operational conditions. In the these cases, the
NREL and NREL-V turbine designs are considered with the same
simulation setup as that for TSR = 8. The radial distributions of the
axial force coefficient and the tangential force coefficient are shown
in Figure 12. The profiles of the streamwise velocity, the turbulent
kinetic energy, and the Reynolds stress for the AD-R and AD-NR
cases are compared with those from the AS case as shown in
Figures 13, 14 and 15, respectively. It is seen that the NREL-V turbine
design gives higher thrust force coefficient Cg in the root region in
comparison with the NREL turbine design. The streamwise velocity
is well predicated by both the AD-R and the AD-NR models for both
NREL and NREL-V turbine designs, while the turbulent kinetic en-
ergy and the magnitude of the primary Reynolds shear stress are
underpredicted by the AD models (especially for the AD-NR
model), which is consistent with those observed for the cases
with TSR = 8.
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Fig.12. The distributions of the axial force coefficient (C,) and tangential force coefficient (C¢) along the blade axial direction at TSR = 6. Solid red lines with circles: the NREL turbine

design; Dashed blue lines with right triangles: the NREL-V turbine design.
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